Here are some more simple practice derivations. Do not use any theorems:

1. From I'+p to T' + g 2 p (Hint: you can add anything you want to the
datum of a sequent).

1. T D premise
2. T,q D e 1
3.T F QDD 2,01

2. FromT + rand A+ —-rtoT, A + s (Hint: you can add anything you want
to the datum of a sequent).

1. T e premise
2. A e AP premise
3. T,-s e A 1
4. T, -s eV 2
5 T L 3,4,-1
6. T S 5,—-E




3. From I s to T + ——s (Hint: assume —s) .

1. T - Z premise
2. =8 . A
3. T,=s S e 1
4. T e e T 2,3,-1

4. From I' - -—p > q to T + p > ¢ (Hint: part of the derivation adapts the
previous one).

1. T F mmP DG premise
2. p D A
3. -p e 2 A
4. p,—p D e 2
5 p oD 3,4,-1
6. I',p L P 1,5,0E
7. T F DDQ 6,01




5. From T + —=p > -=q to I' - p o ¢ (Hint: adapt the previous two deriva-
tions).

1. F m=P D mg e premise
2. p D A
3. =p F mD A
4. p,—p D e 2
5 p ool e 3,4,-1
6. I'p e T PPN 1,5,oF
7. T,p g 6,-E
8. T F DDQ 7,01

6. FromI' - —=-s v wtoI + s v w (Hint: VE is your friend and don’t forget
about VI).

1. T F oSV W premise
2. -8 e Y- P A
3. a=s S 2,-E
4. —-s F SV W e 3,vI
5. w W e A
6 F SV W e 5,vI
7. T F SVW e 1,4,6,VE




7. From T +=pA(gAT) to T+ (pAr) A g (Hint: you only need AE and
Al).

1. T FpA(QAT) premise
2. T D e 1,AE
3.T F QAT 1,AE
4. T Lo £ 3,AE
5. T E DAT 2,4,A1
6. T R 3,AE
7. T FATYAG 5,6,A1

8. FromI'+ (pvq) vrtol+ gV (pVvr) (Hint: apart from assumptions,
you only need VI and VE).

1. T FpvaovVvr premise
2. pVvgq F DV Qe A
3.p D A
4. p E DV T 3,vlI
5. p Faqv(pVvr) 4,vI
6. q e A
7. q Fqagv(pVvr) 6,vI
8. pVvgq Fqv(pvr) o 2,5,7,VE
9. 7 e A5 A
10. r DV T 9,vI
11. Fgv(pVvr) 10,vI
12. T Fqv(pvr) 1,8,11,VE




